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1.
Let H (D) denote the set of holomorphic functions in the unit disk D = {z ∈ C: |z| ¡ 1}:
We consider the following families of the functions: B:={f ∈ H (D): f(z) = a 0 + a 1 z + · · · ; |f(z)| ¡ 1; z ∈ D}; B 0 :={f ∈ B: f(z) = 0; z ∈ D};
With no loss of generality we may assume that for f ∈ B 0 we have the normalization
The problem of determining max f ∈ B0 |a n | is very hard to handle and only a partial solution to the so-called Krzyż conjecture is known (see e.g. [4] ). The function plays an important role in this problem. In [2] (see also [5] ) Landau proved that
and this result is sharp. Moreover G n ∼ (1= )log n; n → ∞: If one assumes that f is moreover univalent (say f ∈ B s ) then FejÃ er [1] , Szegő [6] and Levin [3] proved subsequently, that for every n ∈ N: sup f ∈ B s |a 0 + a 1 + · · · + a n | ¡ K 1:6 : : : :
However this result is not sharp.
2.
Considering the Landau problem for B 0 we ÿnd the following partial result:
1:21 : : : ;
|a 0 + a 1 + a 2 |6e −t0 1 + 2t 0 + t 0 2(2 − t 0 ) 1:33 : : : ;
and t 0 0:66 is the root of the equation
Both upper bounds (6) and (7) are sharp.
Proof. Using the representation formula for the function f ∈ B 0 [4, p. 258]:
we ÿnd the relations: −t (2t + 1); t ¿0;
; +∞); from which (6) and (7) follows. In (6) the extremal function has the form f 1 (z) = F(
; −z): In (7) the extremal function is more complicated, but has real coe cients.
Remark. We conjecture that for any f ∈ B 0 and n ∈ N there exists an absolute constant L ¿ 1 such that sup f ∈ B0 |a 0 + a 1 + · · · + a n |6L:
Observe that the function (3) could not be extremal because of the fact that A 0 (t) + A 1 (t) + · · · + A n (t) = n (2t)|61; [7] ; where L ( ) n denotes the Laguerre polynomial of order :
